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6 - 4{><<0 = (<0 = g avtagands . o=yt ztaoxt 50 = x=x(y2), emligh implicita
X>0= ¢ '>0 =9 véirxomde fmld—:‘.c:mssctjcsem,.

= ) 2a(0)=10 <= U3y 310 =£(X)>2 2% + (42 zH) o, 4 Bxd o, =0
>3 N ) Yy =Y j(x = (Hl+z4)><+x5__.4=><[ g (U S )ij 5% *y

Az2% e (YZezA)x + Sx*xl = O

<= V& = [2., 2 [

: d /o s 24X

Problevn 345 (&id.12) @{ (SxtryBert )y =-2y% @{%3 YT
(55(4-{-82-#'1"") 'X[ -—*-nul-zf’x rx/ __."l:zi_m

CJ-ECSS/VVUVL% z - 5x4+52+24

t=v-e.givv < f-viesivv=0 &L w AT, - Problevn. 3.3 (Sid. 12)

’tjjca. 4 jmld—t@m ——-——MW |

f(% V)=t -v-e stvy, ) 43 % Xy+2=6_, O XYz =6

S, ér MA'.'\m.:j'LoW\. L foey )= x+y+z som gér

) %%‘—"4 —ewsV L0 = U= vt), emﬁngc Scx%sB (s. 148).
Smm E:(11213) OTJ/‘- 62 cr W&V&S'{'&/\’L Mﬁ. JCUJVLL'_—

) t=v-estny = 1= —-(\)~es't'vw) = ({~e-wosV) V') 1
: b lonen. glxyz)=xyz gemem Samma *Pwvdo@
<> U!(‘H - eCﬁS\)>o = NV Séram(fj{ Vo.xodvu:ﬁe N|

'B(’f)g)

4 1 e
Q}&W osed| = Qd.ecos\jéwS\)%)\ ecoSV>O Bz sz xJﬁ oL(x,z) =yx-2)= cL(XZ)\ "L#O



= w odn 2z e 4 niirheten cv P fj‘rcums(-aiﬂag
som ]Cumtci—ucmaﬂy_ ow Y.

. x+5+z=6 4 (x+3+7~) O Cb‘+1+iz'
%YzZ=6 S0yR =0 d§51+ xz+>«3d2_o

®(@)+1+2/(2)=0 x(2)+ 2/ (2) =1
= ¢> j@ A
6%/(2)+1.3+2Z (2 =0 ex(2+2z2/(2)=-3

{ X(2) +2/(2) = -1 {z (2)-—-\-x (2) <['x”(zJ -}J—;
<> <~ > .
4(2) = ~1‘%D % (2)—-— z’(2>=~%

{

%Yy 4 270 =~A . I I
M{ 2y ] ]
yzx (W) +xyz/e-xz 1Yz xyllz'] >z
BN
o = = =
yz xyl l-»z XYL lbyz 1z
I XZ—
o [’“""‘ﬂ "'“?@"mﬁ
rY-Yyz Yz~ xZ _MZ-%Z
| _ XY Z
Problevn 3.4é (sid. A2)
o’Ec'SSfWLM
@ Sp:xbyiz?=2, S xay=2¢5.

S, ér Mztr\r&&jjcm L fumk{-ccmm f(x,g,z’jl:x%

+82_22 gevem 1 (1,1,0) cch.‘Szdr“ vww" °chcvvt,JrLU.
%(X,B,Z)=X+8—Qez Gemom Swmm ‘I:rum[c{:

A |4y 22| +  dthe)
d'('slz-) - 1 -’Zez‘ = 22—""[‘1'36 @-dT(%)l(‘t’D)z-—l—l. :r_LO

= Hzg(x) crcﬂaz:Z(x) éﬂmn,am]%r Llotet ft]q'c?ﬁcc.
x’*’-md 2z2.2 2% +253’a 2z2/=0 Yy {27/
@) =4 < oS

* +5~2€z== O 8L2e,zzf =

<[ L HE-E AT

' -2e* Z o2xeX -2
S S PR
Rz-dye®| - 'y |

14y/-2¢%z/=0

—

Pl '
-1 = 2Z~43e.1

* -4

{g’(x)m%?%——; _ {3’(1)':—%—"-55% @{3’(43?%
z/(x) =-§—Z?‘:"-fﬂ§ ') = —25%35 () =0

En rildhwingsveldor for tengerben. dr v =(1,-1,0).
dvan  Jag dror sadt x=ft, y=yW) e z=200),

s& ot u=(L-4,0)=4v, med v som 1 facet.

Problem. 349 (84id.12)
sE.o"smxtmgz Se mds{-fc‘jljmcﬂ_e, scde.

63




{ o= p(t,%®) = p @, xh),y®,z®); pecl.
@ |
V=V, @)=V, x®,4h),z&); veCl.

[}

d P dy . Op
@SB ipth0~ B+ W dx o3 952 9

D dp Vo dey rdx du dz
~224(25, R 201 (S5 -

= 28, (gradp)- S - 2R..(Vp) v ;

@) %—%4-_9 Vv =0 2 %%(V@w-»p(v-*v)zl 2R +V(pV) =0.

S v'(PW:(gx"ﬁ\aB’gz)'(PVx;Fva’PVz) =

D 2 3
= -'a_)Q-PVx+aTj'PU3 +a—z-PVz =

> o) D
=%§vx+§§v3+€%vz+

+p( B )

(?ie’ E—E'@%)'(VX:VBJ Vz) + PCQJL’U’U =

“\ex 80D

-@p)v+plUv).
UM:VLCQ SLLﬂyEJL omn 3@:&5()(?): JC/(X%%%:
T x$:

| .U: O‘P{-vmenwg :

Problewt 44 (5id.. 12)

S&c’ismxiz% | |

Scm.lrs o "Pc?. stdam M o :DEJCL'VVL{-LGV\,LL “Pd.
sidam 15 Lonsuleras.

M dr dnte \,c.av_npald: (e del cr ranndonn -
Sé’u’f innde. 1 J\/L), sS& c@e;& cir inte sdlcert add:

f ambar stna extremao ¢ M.

\M.) em.bl,e,‘z:su.ojre.{: {FRS) ar Lccm*Pa,h:E , S& J&&cﬂc!.

E.X'['VE’YYLCL CIM’{'OLS .

A FREA—R,; M={xy): xY20, x+ysi}

Y
1

O 1 >



d fR—R; M={Cy) xyz1}.

o
" M =MTUME
o 1 X

Sevi synmes dir M -/Cctf-e-(AcsmpaLc[: sé det &
inke ssleert adt JC amkar stna extrermo4 M.
M. kMo%e,xequeﬁ ges 4 ]Cuc;ué

Problenn 4.2 (Sid.12)

c>£c‘$ezm g
D FO=xy-x-y; M=) >y, xy>0L
i
& DCo OM=C UG UG,
XAy = 6
s 72
O C1 & >

%X:Hm{ ) rb,ld
%i‘f%i"o = %x={ A Y=1 = (x,4)=>1,1) stodieneir

f(XIO)::—-’X; lb&j):—%}@éxéé} au%aﬁctmcﬁi.‘
ig..o.t.c_))fp.;.jg@ig i‘;@;

£(x, Box) == X2E6%-G ) 1, () =~ Ex-6, OERE6.
llgé(x) =-2%4+6 =0 & 2x=064 x=3;

§0,0=0, $62)=3, {6,9)=-6.

Resulbed: f_ =£62=3, £  =£E0)-50o-6,

b
A

) foumrain; M={oi): el yzol.

C

-1 1o B TR 4

65



M i lerapold s e o £ andas pa M.
() M={Gep: PPt Y>0.
Bt Zedy;
"%;Lf%tzo = 2x-1=0 A Yy=0<> (x,5)=(%,o)¢ﬂ.
Slediaseires -Pumlx_Jcer salenas .

F02,0) = %2 & 00 =xx, Aexal;

fcr,0=2, £(4,0)=-%, f1,9=0.

® Gy ={0xy): y=\1-x2, ~1exetl}

Jj(X,M-—x?-)-: 2-x—x2; ¢2(X)=2-><_><2) ~{exed

J?é_(x):—4-2x=o~<-:> ><=~—I‘Z ;

fc1,0-2 fe3,0)- 5 fu.9=0

Resultad: f@x‘&c("%-’o)=94‘ fm%=£ﬁ%103=~44-

o M ar somma mm&i samm 1 Problem 14 o).
Dem JCL’VVVLS u}:'pﬁ'l:a.cﬂ Ppd méisjcfc?gmcia sida .
Fog=xE2xg a2y M={0g): xay <X >0}

66

Y
1
S
XAy =1
Ca 2

o’ [ X

O W ={ ey xy<l, %20, 420}

%ﬁ(= 25(—28 j %=—ZX+88 -2

,% _2f 4 =;>{ 2%-2y=0 @{x:g @{xz
;2><+85—2=0 68:2 | Y=

}

Fx0)=x%; b 0=x?, 0ext, dr vaxande;

j. E_O.L.Q_) =0, i g.a.@f_i -

b iy o — sy e e m  — e 2y

F6, 40 = I Bx+2 5 b, (=T exe2, 0axsl,

Py )= ldx-8=0 « x:% ;




7o,y)= L-LHQ;ZB ; ’ll)3(8)=482_28 , o2yl
B(g)= BY-2-0 &> Y=k
o0, oy fon:

— e e e e et e ] — . et et it

Resultedt: fmax: JC(OIO___Q_) chvf.m:\}c(i’

d) o= ey s M= () xPayA )

e e

Sio By-2yet 1 N
%SE=O="—:%—P§¢.—.‘> (X’B)m(oj—-z) @jtol-i)r——-:&

v, frg) = '>«i+(g+-{z)2-i >4

4 h

fmmzf(clmi):'“i‘) fWLCL'x W{OLS ém:L& { \M.

%z(1”2x(x+28))é-X?—32=0 ], - { 2><(x+28)=’( N
%:%=(2“25 (xs2y)e* Ym0 {

gbers i g
S R A i TS

i e e e e e e e ) e e b ———— e ——— — ——) — —— e e o e

a
e
<o

2y (x+2.5 =2 e

fleosh, sivd) = (eostazsind)et =41, octea,
esst + 28tnd = V8 eos (b-cdn2) @*—gg b« ié@
e -\Jég—-s:f(x,g)ésg. |
@) ~ZeVu-BelBele Zel?
Resultat: jwm:f(_\[%,..\%)__.%e—“z'
Forion = § -5 ) =€ 2

Y
N
C,3 X'Hd-: 2
72 _
O G 2 >

of < (1-2x () €32, Bf - (-2 ey )XY,

} BB
1-2%x(xwy) =0 f-dxZ0  [%=1
%EZ“%i=O =>{ " 4?—‘-){ B @{ &
J 1-24 (x+y) =0 Y=x 5=ii

Ay 2
z)-e .

A ks b e e iy et by Y T . e e

o7

~ -



{(x,0)= xe‘xz ; (x):xe‘x2) 0&x& .

S/ = (1-2x2)E ™= 0 2 1-25% = 0 & X=1AZ

| cb1 (©) =:§_(9&1_=_Q) b, (T{—i) =i(:\;“—-§9)_:—1\7*—g%_ ) ¢1 ) =i(’-%,O) :égfl:'

ey i it ks AL A ek ek ek ey e e . e et o

%, 20 = e b, (), 0&x&L.

&%) = 2 (~dx+d) € DR 5 o =06 =1
$o(0)=0,2)=2 ) 4, (N=fUN=32) $,=F20)-2.

B J_ T eR

@ G={(0y): 0¢H<2}

Samimna se under @) Jirouann f(x‘\j)ﬂc(&x),
®) Jog sammanfellar: §001-0, 5(%_5,0):5(0%):}@ :

f20-fo=2, 5% -Losun-2

BGS'LLU'.CL% fmax —:_:E(jiJ iﬁ_)"_‘ e iz ) fmn“f(‘?;o) =0

et —

B ) =2y =) M={(xy) ;_&tht%jl

0B
M ={yeM: xz01 M2'={(x,5)eM: <0},
0 $o) =>+29%ex, My 0axe-y? _1ey<t
%—i-_n’Zx+’1>O) sé stakicnciro. selunas. ;
f(\/i-:ga,ﬂd) = 1+52+\ﬂ—7d7 ='C¥1 ), —ley <

dQQ(l:]):QS-

\[%pr.o&—*;tj—:o V 8:*%3?;
h 0 =fo-1)=2, &©=f0,0-2, & (B)-f(EL)-

| & (N=F0,1)=2.

@ SO =Xty 2y, Mo ~1-y%ex<0, ~1ey<d.
%’)ﬁqﬁ’zx_q <0, stabiomdra pumlcer salunas .
5(—\/@ W=b,Y)=d,(). (Fe wundar ).

Zl
e

fwvf.m.:' JC(O’O):.O'

Problevy, .3 (Sid. 13)

4 SN
B

d) -Fxy,2) = x2-2x+y2ez2-dz; Ko xz_ﬂfézgd..

— e s — r—— — . — —————— — — e e

1) K X2+32<Z<4~ (det trre av K.



@ oK=50%;, dér By K=><2+}jf,_244 ; ?g;}};féiﬁf@_

@ Sy Z=xy?, zedd

S 06 Y) = $04,1, x24y2) = x=2%4y2 + (x2+5”-)2* d (x3y2).
%%%z 2% -2 ¢ b (X BrY2) -8 = L-LX(’XZ+32)—6X—~Z =0 }@
%:ﬂ% = 2y+dy (P y?) -8y =ty (XHy*)-6y=o
{'ZX(.X??I-&Z) = 3+ { 2x(x2+32) = JK +|
<>

: <>
25(X2+32) = 3Y Yy=0V ><2+32=%
{ %3 = 3%+ { 234 3 =%+ {x=—1 V %= ”2‘6
&=
B=O :sz'?-'- 3/2 ’S“—:O

@ﬂt(—;i)ﬂ,ﬁ) J "Pz:(ji-gmg) O)’[.;...\r-%)) .P@): (_1_"_5}0)/\__%)
fCPJ'—'-‘O) f(P2)=-g+2B; j\('%)':-

e e e — . — e iy e e e et S —

) ?_2‘_:__2(2—!»&24;_%, Z=tl,

b= FOxy, by = ¥ey2-2x, xBry2eik

rB-j')—-*—f--'Q'k:CJ =—’>'_P,+: (’1,0)4-)

20 o
6—)-(—:’2')4-—‘2, 3%223) DX @5

e — -

><Q‘+sz=‘—lr p z=u: ’E (?0 = &(XJ Ey 'Jffxz; &)= "J‘“(ZXJ -l?il—%—?:i

FPS‘L"Z;OILL) ? -PS"(Q-:D;"Q ) j_(.—Esli_a_i_i(fﬁg_zg_

- Resuddod j—mx—;f(-—z,od)f-:a) fmﬁ‘&c 1,0,2)=-5.

B) fouz= Bexyaz?, Xynz?e9, 230,

K 5§$+_2_3 <9, z20, ar Lﬁm—}:ot.(d:

-]

@) _@1__342'&&2_-!-2249, Z>0, det e v K.

%”3‘*8) %g=><,%%=21 ; (0,-3,0)¢ K dws
lerttiska -wa(,cjcelz salenas.

@) $=5,u6, =K = ramden +ll K (se wedan),

® Sy xtayz2=9, %%y
b 06 Y) = $(x, Y, VO-XE-YGE) = Bty -% U249
%“3*3‘%*0} {X=23 {x:?._ {x:?_
D = aad =1 Y4=1 =
8y~ %Y =0 SY=3  Ly=t Z=2
=P:(2,4,2); §(R)=12.

@ 5,0 x24?< 9, 2=0  (det tnre av S,).

T xy,0)= By = bxy) = %%-34«3) %_Lg‘ezx ;
(0,-3)¢ & docle.

—a ——— - ——n it o

f(X,H’O) = j-(&oos-‘c) 35&’“{) Q)= Scost + Otk c,os{/-
g(4) = 9(cost + %S’iw?fc) =5 3’(%)-;9)@3«'%% +ess2t) =
69



= 9(-stnt +1-281*) ;. g/th)=0 = stk + stk = |
5TC

o stivb=-l Veink=4 e t=8T v LTy Lo T
© B:(0-3,0),B(3F, £,0), R (-2 $0) =
= {(P)=0, {(P)=2N3 $(R)=-33.

Resuldoct: § . - §2,2)=12;
fm«/‘.:\)c(*éié’%’ O)=H2§\B'

— A ey o T oy T, e, et et s — . —— . — ey g —— bt —

_/

K & enm (salicl) fehaeder 4 CLE.’VL. Jcors{‘a levead, -
romdeyvt .

0 J%J_..ZSTB.TESL_}J@_@ZQ, det true v K.

Bh=-20-x7%0, §—-s(-yyko, & =-3u-0.

Kyikislea T:fwv\.[c(-er' sedonas.

FO

@ gredfiy,z) =-3 (U032 Y-y, (1-2)?) peked
dewn )‘u’.l.c.{-wu‘mg T avter snadbbast | "Pga sym-
et Ligger bade i, pt shalon
K=Y=Z20; ivhressanber WLJ@L & "H:(0,0,0)
dn ’?2:(%,%,%) ; Agda iﬁge??, Pd’_ kemdan | |
fP)=3, $(BI=-3(3P=-%
Resullat: = (0,0,0)73, § = §553)-§

) i;p}_&,&}f_ﬁj (det 1nve dv D).

%: (ﬂugz(x+3+z))é'xﬁz', %%::M—%Z.(X+’5+Z)) EX\AZ.)

%%=(1~x3(x+3+z))é’xﬁz;

1=y (X+y+2} =0
—B—f—=b-£=r%;%= 0= {1—%1(7«—8-5?:):0 <> ><==«d=1 =

ox 4—32(>«+3+z)=0
= XYZ(eyrs) = x23x={ = X=1/YT=14=7;
A4 Ly =233
SegrEREl=s e e
@ Randen 2D Lestér av 6 Lvadreder. £ dear
]%"rsjta chu,cﬂ.‘rwvr(:en, savn 4 jugm&m



12
D /;SE‘C
1 S
A /:[ 4
l
b
' N]
82 : Sg, S
§4 ~Y
s [
o 1 X

Sy 0ex Y, 2=0.
fooy,0) =%y = f,(xy) = 0<fXy<2 =
= (£ ) min=100)=0 cth (§) e = (1,4) = 2.

©;:.%=0, 0&Yy,z&l
fo(y, R =y+z={(c,4,2) = () iv=§(0,0) =0 sdn
G2)max= (1,0 =2  (Uisas med wivdlourer).
Sg: 06x,241, Y=0

£,0%,2) = §(x,0,2) =%+Z ger pd swmma sedk

(fa)m‘-‘* 3[(0,0)=0 o (:)Ca)m=f3(i,‘\)=2.

94 0exyed, 2=t

£,00y) = $oy, 1) = Oy a)€ ™S | agxet, ogygl

{ A
e x=t=y =5, (5 5)=2

ofs . (1y 1)€Y, Bt (o) €7

ofa 24 _o o x=Y = f= % (2x+1) e 2x4x =] =
% vy i
é-uuL

AB:_%=%,4=0,%2=L (0g&x<)

f(%,0,1) = xH =300, 0exel = 1442,
FD: %=0, y=y 2=t (0&y<t)

£o,y, 0= Y+t =bly), ogy<l; 1<dbpa2.

21,4, 1) = (2+y)€¥-wy), ogy<l.
m’(g):l-(ug)é‘:ko = WNLWH)L W) = %éw(\j)éz;
PL sammc st vHsas akk
j(&g#zkz for xeygazod,
Resubdat: f,.. =$000)=0
N =j(1,’1,0)'=§(i,o,1)=§(0,1,1 ) =2,

T044,2,M0) = (X+2y+3z +dw X2yt 32 dw?

A e i —— . — — — —— ey i e iy oy o g i i it

O fy 230 o $0,0000=0 = Jrin=0-

1



- © Symametrin lrdver o Frnax s pet *dlict-
3<maM X=y=2=w =%, o¢tet
$B)=fh kb4 =10t 9, ockel, shuderas.
&) =10 (1-2082)1OF L 0 & 4= A@ ’*’dP(T{.TE)"@B
Observara et $My=10e"¢ B2,

Resubbed: 1,20, francf (G VE
Problem di (Sid. 13)

Féening
o) §xy)=orotamba2y?) ) ((yeRE

e ——— T —— — —

5(&3);-. )(.2+232 axr e QMLP‘(:'LS Pamo{mck amech,

Jcc:r]:::'}:>ef\/1. 4 cn'\cjo sdn, oéi.mcﬂ.kg %{:S‘t‘rackmvg 'ILPPCOL{:

arcjram—fwnl&tcwu@n ér 8W3f vaxande, sa.
aX—VLOéaer(SQx,g)) #c&m(-wo) < 0<% -j(x,g)dﬁ ;
Resulbat: TMmf-j(O,OJ:O) fmw‘ scadenas.

b) fo=x3ue™S, D={y): 04x<2,Y>0},

Q) VQX,B>€ﬁ=]0,2[>{R+’ %—;: XS(Q""XS)Q—XH O_d%

%gcr KE(1-xy)e ™Y %‘éf—%=o = %Y =2 AxY=h;

| 72,
isdlerade stakimisua Wuer sedenas addhsd.
dem sem 4 TLﬂuJL@M. medom ; Mot sludet lsten
(}G‘S L~ 400 ccﬂn. ser vad. son den&ﬁzj

. Cs
O \
Cy Ca
U \ -
o ¢y 2 0%

@ P& Croda C; i § adewdusle Lilear mred, 0.
Co={(2,y): 0syesy. |
Fe-= LLHE-ZH =dY), 04Y<a, studeras.

d'Y=dt-2ye¥ -0y =%\ (o> -},,: ankas) .

$0)=820)20, #(z)=§2 p)-2¢!, d=dac™,

@ Cy=10x,00: 0&x42])

— ot e ey s g et e m —— e

F (%00 =ax?eE P =P (X), 04%L2.
Pd=a@Cr-ax?)eF™ =0 @ x=% (a>1 cmtas)

\]9'(0)=f(0,a)=o) C'P(%)‘;j(%)(:oﬁq/e’zcx) 1-‘9(2):: «-\—qe:zq)




5) Jﬁm LLqe,zQ Lian A& “2-4 ~0O cdn st ]Cc‘ir »fé’{jwmcﬁa_ ) D H LRl
of <20 sy % 24 $0x,9)

Resulbak: £ -5 bh=2/e; f . =0 cvkaspd

' = 2x =0
heamdenms :.;iﬂ. P axlahma. '6'1:1 ’% O-_%){’Z M— { ) ] SCLLL’VLO.P %S’W-ﬂ“ﬁ)
9 j&wlii+gz;__iP_._ﬁzu>___l._%ﬂ_lff_}_ TR
‘ 2. 2, Y 252 . j’nga S'l.‘c:CFLO‘VLCLY‘OL "P'wn(dtcr satuﬂes. .
W lYlax < y2ex® & yix¥eoe e 4l =

@) 9D, =C UCZUC3=1"c1mcfle% av D,
= 0450, yd<h.

@ D ,QLSSéL £ det —@Logm ,@LanP,Qamajc (%5 X>O)
ctl/t. ar o-@e@*ramsexft ) c:lv% gcﬁ—_&g_m__ml,_{__t.

CiiY=2%, Og X4k,

f(xl—x):cb(x)—_-_, OLK&LA a.\){:a.ﬁam.c@i.

Jog sk o (leommaldificran den #(@)= flo,0) =L dla) =f(o-c) =z
sk o,
°g stungd den (Lawpolitfioos don) som Cot Xz, —gieyec. |
A ]Cz,ﬁurcm nedan., \'52 a?
1 LY "‘:j(a;}j) = -y ALY Ld.
' /
4 eg2yd-2h Zhtig-ome yro )
- bea)= o) = 1572 O, PO=fleo) = 0
, ,
o a X b)) = =f(a,0) = m?—__—"o.—wo :
C, T . Ca: =R, 0eXAS.
w(x)~—f(x K= 4)(9_, OELXLA ;5 savimal Sevn C1,

| Resudbad . Frroone =5$(0,0)= 4
C, ar lilkssom ’r‘m"ﬂxﬁ $& D wiixeh med a, ‘ T i salonas (omdas inde).
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. )y
ci) ;fy_(_x,ﬁ):_@-._i(xﬁug B IIIYT T

:D'k: ’x+’54.\<., %X 20,420, dr e v rmande
st U jcc‘w's-l:a lvadramten (k=1,2,3,...).

Y4

k

Ca CQx-ﬁ-_:k
o ¢ kX

=

® D %y, xy>0.
F M Sxybey)? | AP )y ()2
BX T S (b)) (ch+(xy)3 )2 ’
of  x _ Swy(xed)® | x(krOong)3) Bru)?
Y ka2 (A xag)®)Z (b + (e )3) 2

—'B == = = By . 2 2:0
%}i“%—o => X =y = RK(dh+8x)-0x e, >

) (hrBx®-12x3) =dx (1-x3) =0 e x=1=Y  (L>1).
R:(4,4) &r 8 'L‘CO'VLE;i.r‘) f(1’0=1—'{2'

@ ? :.'[_?k = _(_; J..Lig.'g}_.).;cﬁ;

Cy: Y=0, oexgle.

fx,0) =0

ey et i e i e e ity

Cyi y=lk-—x, oexsle.

T

$0x, Ye=x) =%%“d?(x); oexglk.
dp'(X)=-ﬁ—:%=o = - 2x=0 <> x=%; (k.
G0+ T ©

PIK

)=

Resuldot: f.. =fU0=15 f,..=0:
9 SxuR=GeymeX Y Do

P

Eix= (’t~2x (X“B+Z))€IXI 2) 'g—gf—(—lu%(wwz))é‘lx‘z
%:(1*22.()@.8{_2))6“1)([2.
of -2l _of Lo #‘[QX(X"S‘*Z)ﬂ

BRI L 24 (x-Y+Z) == & R=Z=-\ =
5 o= 22(9(-%%%4

= ~2y(-3y) =« Y =1/6 > Y= %SG

C . 4 {1 A
S{'a:lxcm.ar‘c(. L —P":('\@’u\{é’\[g)QPPZ:(—\I_%JV%F%)'

fry=FeasifE , fr-- 2o aiE

[§09l=beygrzle™ e Ixlelyle 2D e 3™ o,

A LA\ 3.
RS«S‘LLQSECL‘E: fmax=f(?g'—@)ﬁ>ﬁ_@g’

_ 4 AN 3
foin =S B
£ o= X783 D %30,u30

© D: x>0, y>0. forts



o - (-2l
E%_i'oé{zauﬁw =1 {5 =% @{X:M2=$
2% () = { thxZ =} Y=1/2
= §p)=
@ BD={0,0): x20 Vi O): Y20} =CuC,
P Cy: y=0,%20 door i (¢, dir Lilenonde”)

8 ) _6:;]3- (1- 28 (X+5)') e"'x‘z"lj 2 ;

(%, 0]=“z<€"x2=a£>(x) *30;
do0= (1-22)e X =0 & x=14Z ;
$(0) = f(0,0)=0, cb(\[_) j(—"OL—e:VZ \/{ié<% -

@ x| =lxiyle X (xlyne P 2 (xe e o,

(%]

Resubbak: f _ =f(HH)=1/E.
Fonim=F0,0)=0.
Probley. 4.5 (Sid. 13)
dbeming
j_(&:gsl_zfi_g_g’i‘—ﬁg“_@;zf—z 229,

2+ U =0 -27( X—:-—’\
o (e 31
_5;{63 ° {x+233 = 3x=2 '3:'2_%

_‘f_(—'\ 2) ‘—1—'?)
f{E)(_DS'l'.'J 3514/1}\'_‘,) = 8(’[-{- D\S’t"ﬂ 2{1 SQ’YL{') = CJ»P('}C), Oé{'é 21'[ w
) = o costiass2t) =0 > ws2h-wssh 20 =

> QmSQ‘{:-Loch 1=0 &> ost=1 \/wsjc=-—'»{z <=>.§jimjc=

=0 \/Sfl.’\/l'l?_-i'r = P,:(3,0), B (_3 3«]3) O_CLL
P 3~ 205 §(30)= 9 §3,28)= % (4-003)

$63,- 33)= F(U+343). |
FRESUHOL'{" fmx';fC'z)—-%-\gé): %—('—‘-%—3\1—3 )
| Frin=5(-4,2)=-3,

'—ProMeJm de (8id. 13)
i@W%

) [f("*a‘j)“ ><°-+«j7' (=\,¢uacq‘mfrm —P& avsjc&ncfejc),
@ gix = x¢+254-6 =0.

m'if(%g) (2x,24) = A(dx5 8y?) =9\.3mc9~8 xyY) =

LL’X 2'_ o ) . _
= B —% & K —23 = 634=6@8=i4*—=>><—i\[2j

@) d\z=§-(i\}§)d‘.n (24'17;3@&:\]—5:&?“&)(
@) Kuruoun X4+284=.6 & (%)4+(%>4=1 2 e

¥5



kgp&eﬂﬁps; der ér s]:»eﬁefsammejm'sk walp.
sordimataxdasme. Det mmvmimeda avstanddd
i %, ’U‘Luz.ejc syns Lﬁﬂm ’VIEJ-CU\/L

3

X‘1'+23J’=6

?r‘of:iexyn .7 (Sid. 1)

® D Pyt

R A vy
rg—i-(--—(’l— %x(w—g))etx %) H) %%:(’l-@g(xm))e(x Y 5

2R () = X=%y X=+F
of _of _
| F;Ef.:%"o r’\'{ { «-—4-{

<> =
2y (%) =14 ey?*=1 Y= 1/

B G, P R ) lobiovar.

6

)25, §i7)- 3¢, feR)Fes fm)-2e

e it s —

@) ‘oD %Z"f Yot e (xy) =((Feost, sind) |, ocke2n:
f(Fcost, sint) = (Fesstasint )= o), octeor.
Cb(%):@e””‘oos(%-a{m%) = -%é_¢(‘k)é%<2e—-‘l
Resuldkad: £ =fE 06t f - £(-Z-0)-0eV2

et 4

O'v_ng 4.8 (8id. 193)

o£c38fvt/imq
o

b de)

.
—

@) T2y =m (%)%%ﬁcizﬂw\é = g =Td2i-v =0

@ S= 2Ttt"?r1+ 212 = E&t%ﬁC&Q_—fi&Cﬂl&L}_.

®) 5*'51&35(3-,)34—) { Sm&a (dh) = (hamd, id)=) (J%h, T—EC_L;

Ti(d+h _ e b
> T w2 s e O .




oo, Vy=TidZh o =S
S=rdh+ T’ = thi%-mclz Ve e

S =~ Ve +’2.mi oL 8\/0 +£27¢ >O =3 wvrm.vwwwu

-fmcﬂ—«.gder.
Problem 4.9 (Sid. 13)
o‘Efﬁswi@_.g
(X-)2-x-y+1=Q dr ev wivelursa UL
= (x~3)2-—><.—3+1.
T willeow pumldker @r tomgemten paradlell ned.
s-oxdm? T de pumldder dar /- SHEX 0|

Bty
@i O = 2(x-Y)-1=0 & XY= 4<==>><_Q5L+’1/2

Dette kommbimeras med. kurvams etcvoc@im

'U"LH,LeJE J_EAQL L w—-}j-—-——&-ﬂ O<=>8"§=>X—E'

)

Sve s (

G&WWL. cSEDtﬁ’rwnﬁeS WLUJJQ‘LPQLMO?‘ME{'DCQ CiA—
véimds OJCLCL 1 ﬁttamwwgm, teorin j:r.ths
pd sidornec A4d-1%% 4 Lerobolen.,

| Problem. 410 (Sid.13)

| ]
E T
A = : D
AR ;Jfrl. ! X :
VaCe
B Y c
W AE=FD=%3 = W =BE=CF=\3-(z-y¥/d.

@) Jream = ARIBC.BE < 4 (yaa) [ (27412 = $0xy,2).

® 2%+ =60 & 94X 42)=2xxY-60=0.

@ L&t oss sathr k0 =VAE(Z 2.

- (RWHz) zxy? | Y=z 1
yred §0 = LT it a S i <)

grad g(®)= (2,4,0);
grad e fgradge < gradfeo = 3md5(>x<) <

AYHR) K (Y +2)
kG “fk e JKW
' z2-y> _ RRy?
<= 4k(zg {k@‘() o\ <> Q.)\Z lf'( ) (:a-3:e elwv)
LM) Brtc(x)-.:o -H“"u,k() 7 x0K)=0

N ®y+z) _ z2y? P x(z+3) - @) =0 <

k(&) k(%)
7




& (ZAY(X-(Z-P)=0 > K=Z-Y> Z= XY =
=‘Ex (AARE éir en Jnedy ﬂMS)@AE:%
G} g =0 2><.+3 604—-—>_5_ 60-Zx =» 2=60-X ;

S(XJS,Z)——' fb‘-; 60—2?‘-)60-—-7() == iﬁ}:(h\-OX“x ) =C{D('?§)}

(i?/(x): %(’20‘-‘}() =0 &= X:H =2O = 43(20)"—" 3006‘

Resuldat: Frean ko Ll max{mau '300\}6'@2.

Problenn 441 (Sid. 13)
o‘Ec'stM_Ag

W ’%iz=2'><(1+5)3 -i 3%2(1+'53"~+25;

J BH
(1-+y)3= %=0
%i.(___@i o»{x 9° <=>{ = %=(0,0)
'><.2‘(1+\d)2+25 O L ’5#0 I
dr em stodiovieir pumldt. |
@ %—%-: 2(4-1—3)3, @——a% 6><(1+5)2 %gﬁ O X*(1+g)+2;

w©PY=2=5( (0,9) , £,(00)=0;
QW) =2h242k2 , positiv Aejcmé = (0,0) ger =t
Aolealk ALYV

®) 5(2,'8)=4(1+g)3+82m-00 = Yainimasn SZ?LL(_VLCLS-

+8

 Problow 12, (Sid.13)

désning

- IOy = XY AXZ, gy, RY= PRz =

O grad SO =(y+z,%,%) , grodg(=(2x,2y,22) ;

qrod £06) grodg () & (Y+z,%,x) =k (%,y,2) «

| {H+E_=ch {25:\,04 {»&:2&2 {x-;-_»_\rig |

i w=ky ] X=ky = & ;

%= Wz Y=z Z =Yy 7=y

@ g(:\zy, “:! Y)=dy2-1=0 8—”- =z, willeet ger

7B D R CELDR

FRY=f(P)=Y2=f,

B2 2" 5B (2"“42"""2')'
; R = fR)=1Z=5, 0
Problenn i3z (Sid, 13)

Fdswing

&) _fr(x,gl@ Zzazm X2 K xPyPez ¢l

@i_-2>< -, ot 5= 23)5i dz | ’Fi:(-%,o,o) leritiske.

oK Xyt 25 L fcrés



A R I ST BCRVCY

&)= £ (XY, £VITxEYT ) = 2 (1-x3-y2 )+ xEx =
=2-3x2-yi-x, D: ><2+324_i.

D: % +}_j9-<1 (det 4mre cv D).

i — e ———

’\‘j*‘"O
Py “")O JE)» f(P)”“ = ().
OD: x*Yy2=L  (ramden av D).
Px) = (X, *\/_ 2_{4x2-x = h-x-23 Ix1< L.
¢QX)—~1 cdi =0 s Hmm =;>8_,-_m/—
Py 4 15,00 = §P)= 5 Rt 4J--J~\f——,o)_>3c(19)

k1,0 o) o, f4,0,0)=-2.
205, _ 25
‘-RﬁS/UL,UCOU#Z F e f—-—wO R RETY

fmmzjl(’i OO)=—- .

. et i i " — e r— . s — —y e

(_:_".ﬁ?‘iiﬂ <A, =14z (cf-e:@ {nre o)

§L __'><_’i“t:t_<i 12=1 (ded tmre av s))
g%,y = f()gg,’l): 't(j?‘—xz-x +2. X2+\dz<_1

3% oy 120
o }-—VP 200 fRI-o.
-% 24 =0

38, xhyi=t, 2= Cromden UL S))

A= £0¢, £/10x2, ) = Box-2x2, Aex4h.

I ()= ~4=dx=0 & x=-1/d;

2, dadafed, IS <25

_6_?:.‘_.%2:‘.}3?_%"_;._%3:1_ o s
| ¥9




P&l&mximgaﬁvm 3a°.r S undeh S o Qcc"w
felo =0k, §e1,0-0=2, 642, -1)- 2578,
_fu,o,—l):O. |

Resulkad - ]cw_xﬂc(-.@@)i 5, 21)=22

jmwzj()lzogiq): 0.

Krihsla punlder salonas <« D, (—%,qo}éf}.
OD=5U5US 1 Sy Ri=xhy?, XAyl
F(x Y, VYT ) = 2(Xy2 ) ey 2o =xZ43YP-x
g%, Y)= x4 dY?-x, x e y2gd

29 - 2x-1 =0 =6y-SL = B: (40, £4); {(B)

fl
I

S, sdh S, dmgdr den 4 C.
Resubbod: § = f(-4,+05,21)
fron =53 0,25) -
d) Klolet K odh konen D dr delwmémgder av
C. Svolet dr megadivt.
Shwan. Bt Aypislet dendodad . Pedogegik?

Il

25
8

- Problem dad (id A43)

sEdeing

FO0=3az? | gK)= BxPyeORR a2y s D=0,
U0 =(2%,2y,22) ; Vg (1) = (6%42y, 2Y+2x+Z , 6Z+Y )
V) I Vo () <= (652, 242447, Y+62.) = X (XY, 2)

| {Qx-ﬁz‘cﬁ—{rz# AY {27\&94-1 Y

6’)(—1-2.& TANX EXAL b
J+BZ AL
Ex+24 TNA

@{2x+?_3+z=—->\\5 <>

’kd—k-GZ."—" AZ,

<> x(2x+25+z)=«d(ex+233 A X(y+62) = Z(en+2y) <>
{2x2+2x3+xz_=6xg+23?- {2x2~4xg—-252+'xz-—-0

< &

®Y +67(z_ = 67(z,+232.
22Xy 2R axZ=0 [ 2xP-dxy-24Pixz =0
<~ <‘«=>{

wd—«ZBL':o

=
Yx-22)=0 Y=0 V %=2Z
2%+ %xz =0 [10z*-8Y 14232-.:0 K{(2%+Z) =0
<= vV ‘ &>
Y=0 W= 2Z Y =0
Y=-52 vV Y=Z K =2Z H=2Z
V & V 3
K=2Z %="SZ.. '8 =7,

() 9(22,-52,2) = 1222+2522+322-2022-522-3=0 <=

& 1522 =3« 21#-%-"—* K= -"—LS- A %2=5 = j(vx)=6



CZ.) 6( 22‘_,7./ Z-) = 1,2-12 ‘{'2-2"‘312‘*‘ ‘-\"2-14*2.2*'3 =0 22—_- =

~H]=~

A .6
= xza% Ayt = f00= 5
‘Svar: Det shtrsta avstdnded s V6 odr ar
4 'Pum\x_—]ce.r'vwf_ i(-—%,#\/ﬁ,%)} deit M%Sh S

\/‘g‘ o & UL ?mkkrm i(%)\%,{ﬁ).
Problem. A5 (&id.. 13)

Divensionewio, allas %Y s (Se]cr‘ﬁw].

FOXY,2) = 2%x242YZ 4%y, g (x,y,2) = XYR-V, =0,

V@) =Y+ 2z, %+27, 2x¢24), Vg @K)=(42, %%, %Y) 5
VE) I V() = (y+2z, %22, 2x+24) =A(YZ, %2, }Y)

- Z
@{X+ZZ.=->\XZ_@ YL Ny

2x+2y
aarg=doy LR

U+?_Z-'—-._ ?\gz, {X-PQ.Z,d AXZ. {X&*'Z_Z X

| 2Z)= +2 M 22U Z = "2_
@{’ﬂbﬂ- J=%{(y+22) {% YZ = Y +2XZ

<>

‘ &>
Z (2% +24) =% (Y+22)

2XZ+ 2YZ = KUY 2AZ

=K
<> wg(x,x,éﬁﬁiuvono«@x:m@
Z=%]2 2

> y=V2, A 2= VBV, = $OV2V, V2%, L VI -3 (V20
M. f éir ujchyc,ké:& Jem, vdggwrem. |

Problexv L6 (Sid. 13)
<5£c’>’s4/vf.ggg
Iy =xyz i g,

e et 8 e S vt i . e e

g rcxclj ) =(yz, xz,%xY); Srmlg(x) = (Ryr2z, 2422, 2x+2Y)
Vo) [ V00 e (Y2, %2, xy)= A(Y+2, x4y, X+Y) <

_ KZ _ AX+Z) R R+Z
- {HZ = NY+2) { U2~ A (92) @{ Y~ u+Z

RKZ=AOr) €2 gy AGY) Xy
Y= A’(_X'”d) Hz" MY+ 27 Y+
{X(%H-)z\«j(x-rm {Wg+xzr_>ﬁg8+5z, {Xﬁ Y
<> > | —
%(y +72) = Z{x+Y) XY +xh= W2ryZ A% =Z

> RA=y=Z =% j(%,x,x)=6x2~\9i°=o > x=5=z='\/-—-—%;

5(\/—%’ \}%’ ‘\P‘@F) = (%)3[23‘ Ve

81




Gdﬂ/vvw SE&A.am. 'vvxecd. dem m&xf(x\maﬁa '\/o@jme’m
- Lmﬂksh_(SLiQ.Jgé).

Problen, 4.1 (Sid.13)

c;gé’smxtﬂ.g | Z

?araiuﬁzp/tpecﬂ.ens VC»Q:"m. dr R§2v.20= 8ENG .-

F0x) = Bxyz, 3(x)=§75_+%~—§;—1=05 RYZ>0.

Sfd&j(y()’-: a(SZ;XZ)XH)) Sm&g(x)=2(a%ﬁlle .G_zz_._)
Vf(x)//Vg(x)@ (yz, xzaxﬂ)=>\(a¥£,%¥i—,_&%) N

Z =xxja *UYz = AX2/a? |
< {E'Z: Ny /b @{x%z= AY 2 < 22

7 hZ CZ
xY= Az [C? Rz = AZ¥CA =

3x2jal=1 X2 =23 X =a/3
= (g =0) @{532/&2-;1 & {Y2=h¥3 <1 y=b/3

3z c?=A Z2*=C*3 Z= /N3
Resultad: Ve, = _%1%9 : '

82

Probleyn, 418 (Sid. 13) |
iaw-

Td“ce’é «@c@w’auus Scwv cjcé «ﬁkgga.mcﬁ@ Prismd aved.
basern AACD odn drgidon AE.

O AADE: Pythagoras’ sads = (AF)+(FD)=(AD)*
= (AF)Pe 222 = AC= 2. AF=2%zZ = V=xz\y222.

@) Dew totala Jta[-{vjcm ar 5=2XH+ 21\/'52—21.

@ fx=2xy +2z\/t:]2-—2_2) gx)= xz_\fg'a’uzg—\/o =0 ;

24z, 2(y%2z9),
Smﬁlj:@():‘- (23> PAYES T‘@BLZZJ \/——HT:Z—& )I

7 w(y22z%)y.
3m& (*)#(Z\(B'Z—ZZ, \[';iizfl\/%azz )i

2(u227%) _ dwx(y*2z?)
ViR V() & VR =\ V() = &‘j.z_za = H‘i*z;__
(z- Lf_crwupcmem{er*m Letrodctos)

“ Ax=2 V 422277 %g:ﬁ}m (Ax=2 Té‘-rtaas%as).

e . o oy ey i H2lin, s vt T




) $00) = $(3y\Z2,2) =222+ 202V b2
Wiz) = dz- _2‘132\@:0 @ 28=de o z=27MeV 1B
Resudka: r}{c::]cham. sleat veora, 2746V ”65 ,Qomﬂcﬂ.(wl,
sler vara 2”3,’\/0513; bredden slec vete 256 \/D'”&f

G M’(Z)=4+&%Y3>O=>WMMW Sredlggern
Problem 49 (Sid. 14)
iéSWﬂ%

SR =snxsinysinz , &)= X+y+z2-TT=0.

{Vf(x) = (Cos% St SZ, SIXUSSYHNZ, SINXSINYESSZ) 5
Vg®) = (4,4,1);
Med. dagramges_muubkiplibeatormeted fas.

cosxshysinz = pN
Vf ¢ Y Vg (%) <> Vf@&k >\V8(x) 1 sTMRASySMZ = A =

SUVUX Sl'vuj (SSZ= A

& K=Y=Z =>

SArxsipYussZ, _ A Yo = Fannz.

—_—

c,cssxswag stwvvL N

st UswAzZ _ A
@{ wsé"g&gswl A @{%mx =tamy

(g0=0) > Ix=Treh xoy =z =T (lesidig).
 Svar: Det shrsta vdlr?cl.e{—.dr (\’_%)3= _3.%5..

Problon .20 (Sid.. 1W
ic’isﬂm'm,g

2 2
UL 2
=€ y=32° RYZ 326,

e s, ——— . T ey e ey s . —— — ————

®) V0= $00)-(-2x,-by ~62) +0; shadiontira. salomas.
® =TI go=xyz-6-0,
gradfon) Igradg @) e (-2x,-dy ~62)-£60) = Ayz, xz,%Y)
{- 2% fr)=Myz { - dyfo0)  dxz {29 %
<=

_ _ —2x k) AYZ xTY
“Y Q‘J‘é‘\xz‘ 1 6P ARy sz x5

@{324 %2/2@{8 -2

7%= x?ls

- - x5 _
x = (q(x)=0)= 3 b X=\6
3

5 Y=VB AZ=VE = f{E,5,3) =0,
Svar: f,  =$BBN2)=€""; £ . saoas ($0>0).

Problewn .24 (Sid. 4d)

dseming

Fooy )= iz M={(y2): x2+y?ezel])
@) _&_‘-_}i{&%x@lﬂ

grodfea=(1,1,1) #0; krikiska punlder salnas.
83



©)

cb(x,«d) =§(>< Y, ><2+32) = Xty X%Y?, X2yl

%;E&+@f§5§1 (det e av ;)

=0 = 2%+}1=0 =1+2y = R: (——,—Ji-;jz)

a____:"ﬂiiiz_..m_ -
Oy, 1) = %4y = f(mse, retni® 1) =r(wsg+

+5an8) +1 =/\N§r~s{m(eﬁ_&)) osred, 0<0<2T.

= V2 ¢ 4+r(mse+sme)<4+r ;

\[§_1+r(oose+%tmé)-*;r%/\@ y TG

s e e

Svak:

——

T S D) -4

Frnan=§

._hjz._\cz”)-
| 1+\FP. 147 (cosB+stnB) = =4 A 8= TT 5o T (_V__E)D

| Problevn .22 (Sid.. 1d)

idmy%
f0moxyz 5 D xayrz=t, xhytricd,
@ D: xyez=t, Xy z2i<h

f(X)= KYzZ, 3(7&) = X+y+Z2-1 =0, l«(x) = ><2+52+12~1<O_
gm&f(ﬁ):kgmcqg(m e (32, ®Z., XB)=)\(1,\,U¢¢-

Yz=2 4
<1 Xz = >\¢.=,»>x =yY=Z = (q00)=0) = X=Yy=2=7%

A Y=
’ifl_ 4
JC(EB'S"S 3%3?{;&

@) j(x)l-:xgz, 8(?{()=X+B+Z_—-1=Q) me(x)=x2+82+zz-—1=o
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=(3AE43,-242.48)- (21, 343)d b=
- (3t°) _2k8).(2k, 31)dk= 0.

Svar: Krafifaltet wiheittar tnget cibcke pot portileln.

Problevn 95 (84id.. 19)

Féening |
%) A=(A,, Ay) = (222, -2x+6y) =>{

A><=2‘X““2‘j
=

A'ﬂ =—2x+68
@%Ax=-28=%AH = A 'Po%e.%ﬁdj.fo.u
A3 =2 ebxs B2y <A s Ay oy (22l
+ (-2'><+68)cﬂ.5 = QXCQ,x ——2(3(:90(4—%&8) 4-63 CLS =

= dx®)~2d(yx) + d(3y?) =

=ci(>«2-2x5+682) &=

< $xy= 32_4_25@&33124_6_ konstant.
\7{‘an tds om iz.ﬁem%@xafah ’Pc'i. sedeon e



~ 2%

3*&‘:’1@@77—(%%;: %F(Ax,,’-\s): A.@{gg

O = F08) = x%2xy +g(y) = 22 oy, g2y

< FY=6ys gY)=3y>+C jt_jé.&@iﬁz_—%g:@gﬂ_g
Iy :: 2:;2} = 5 Ay=2y- Sihx = APQ’@.%.’CA%@;&%L{
d& =%§i&x+%—%&g= A, dx+ Ay cﬂa = 031’— X2 )Ciwzxa% =
= s 2y +ext ) = e g (%)=
— dxy?)-dE %) =iy L) e Roo=xgt £4C.
S A=(Ax, Ag=(2xg, ghx3) & Ax=2xy A Ay=ytxd
= 'BB_SAX— % Ay= éx-(~2x) =dx+#0 = _ﬁ?\_é_ic_ﬁl,wgefc_

“potevitioddelt.
d. % y Ax= xﬁgz- NN
) A""(A*‘AB)“(W&F’x%z)@ AmY
,a . . Y~ 'XQ-..\.H?.
2 D . g
= ax AY = BangEag A% é_jee{extﬁ_#;fef&
' ' dox +
05T B
% 42
- By L SOMID Sl Uhn(oey) o

=2x-24

;SB- = —2’}(-{:63 (2)

et e it e — —— — — i, e e s

Problem g6 (Sid. 19)

e‘.Ec'sti.@g |
6) C: (%)= (cost, sink), 0gte2m; (C:xPyiad).

O ydaxdy (oot gy
égAxCQ'X*AB&B -;.-@ -—SO cssvéjc:s{n% d4

o C ’><.Q+52
= SO di .—_ZTt +£0 3 dros ett 'Pojrewﬁaifdu M
cirlewlabionen o; vt fccH cir séleclas {ﬂge:{:

'Pol\-e_v&u.csi:fzal'l: i et omrade som a-m]ca:{:{:djz origo.

IE = Fe e Bl = A dix Agdy ==L ol Sl
- wdy —ydix _ { xcgd\-j——scﬂ.xr_ ] cl(ﬁ): '
XEYZ {4 (Y/x)2 X A+ (yh)z X

e T . V. A, — e reersn v st

o ydxexdy 4 ydoxxdy g X
d&- X2z A+ (/Y2 o 1—+(><(g)?~cu8)

=~ (corckun?) < PR =-arctam X +c.

J B s e
b {xzrmse _=;>{ fan 8 = :% -.:;{ 9=cwrcjmm-;% |
Y= v'swLQ ol 6 = g 6 = arccot X
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Problern ©.F (Sid.. 19)

: o‘f;é‘mg%
2xtydy- 2xy2dx _
‘J§=%§%c{x+ Cﬂ/tj A = SYEN cﬂﬂ_ “A""-vg‘f‘
_ { ?.x 2ydy- nyz&‘x -4 ( )
= 1“3%& e A (13%@)2

e B iy AL — it gy — b

Problen 9.8 (Std.. 19)

&cﬁs«m’mq Y
i r: ’Kw- c
'."( 1
G\Y‘-ﬂ% +32=
-1 & |0 1 %

Jog Allsmpon Sr;ems formel pd evamstd-

ende lsrbun fer ]Cd',He—[: F=03 y?).

& XZ&X'*}joﬂ{j (S S zdl'x—’rgzcig &Sooﬂx&a
S > +y?dy = szcﬂ:}( S x’*’-dx_

Greens chsrmel Jaucmms «p& shubnct, emh[a

konkurer; o stémger y o avskdirmah 8.
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Problem 9.9 (Sid. 19)

dswing
{ : .
&5‘“(“&8‘8&”"“\& a.g\ L\x 3\& ’{3%&
= SS'E
) |x|2/5+|312f3 f= coszJH%t Jc@{x - L 04t€2T;
8:341%.

{%:—3@52{2 S’l‘/VL]t
%L&--ﬁ 3sivdt ocsjc

st st nk

cQS,—. I l oos?"[: Sft'v@‘l‘.

3cos?t sint dstvittesst

i

52'[: Sty {?

-St"w{: c.cs‘{:

’cH: = é(zsm‘mjc-wsjc)zc& =

_3
-2
=2 sin?2bdk - 34@5%&% 2 (1-cosdt)dt =

=>s=%§ (1- css-l-Jc)cUc——-—. .;%_t.
) E ,.
g
C=C+Cyp+Cs Cy Cz i
Y-
ol ¢, 1~ -y
4 H
é‘§_=_i 3_5“&.@_‘

Dem %pdb@mﬂés&a, eton dir: gg%z{_s{nhz‘[:=i.




l‘_Pci C, och C, Jher i d8=0 s pd G dir dS=dt
t. 4
5= ii( Sct-a- SC?_A’&C@)(X%-B&X) = 12'_50 d-’k = ‘2_“%a<=-’>

4= O = i%- Arsw&\. %o '(areas{wu,s&tﬁpéra@:ﬂimw).

Problevn 9.10 (S4d. 20)
i&s«v&mg: C: (%)= (cost, sint), o<k,

~u3dlx, 2d:
) w=AxdxsAydy-= & (x:%%zHJ

w(C) = (SWLLLJC cesstt st df = siv2E(cos2be stndt)dt =
= sintdt = 2({-@52-':)&{:

ég(ﬂ'-'—'j z('lmCSSQ“I)CiJC=—2TT=TL

2
@ "C%A" b@:gzga Sz Ay wtamfer erigo

oD-T+C

| For ot {-i(ldmpa. Greens Tcr’meﬁ P D sl dess
remnd. 3emcmﬂ.o‘f:as 'pcmh"u% , dus D sla mra{-ﬂ
vémster em stn rand. | On‘\c_:]o -«q-igger w@am.fcr
D, dus dwo= ( < Ay- @5/’3\ )c’lxcﬁ-g =0 odh Tar

%DUJ-:SDCQ.LL) -O®Srw+5_é"’3 Srua Scuo =0 <>

< §7ru)¢;§acc0 =TT , VSV,

@ Ow kurvan ivde emsluder cmgo sh w exaled
odn. d& e &Meﬂ&w@eﬁraw { S‘rtemsfcrrvno

Problem 9.1 (Sid.. 20)

dEdSM/ﬁm.&{ |
7z +z£=0
o}‘) { lx+ j- %f&%-&-gcﬁg =— ZLC&X“"Z!MCDV\‘J:-—C&I 3
z‘“d“‘”?‘fj: S S

£) AF = docr Bodyy = fdocrgeby = - 42 . 3 izl
e z=A®, A konstand.

Problewn 942 (Sid. 20)
oni-é's '

O F=(PQ) LCO'VLSe.‘r'VO_‘!:LV &> raa% 23
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@) ?=(Jﬂ.,—~3) = oAt F=- (ax 55) loer F leonservativt =

= det existerar ef C* ]CCL 4+ U sa. vu=@x,—3).
| | \
2) G ’“(“&f) = mlc([?\:(%&f%%ﬁo = Q l,(_maser\)ajrwé =>
= det existevar ett C?‘—-fétl'{t\/ S.aL. VVﬁ(—&f).
@) Sraci’\k('&)=dn ~g) = uc»«)=j Jndx-gdy ;
Sm&V(X -f) = V) = S—Scpoq-f&gj;
® K=(W,\V) = 4 %3"" —’gx = K lonservativt =
- det exigterar C*- ]‘a% w S gmciU(x) (U, V).

a 3w _DU W P Y
R el ik T3 =l s 85 =V = = 5y %3 oth.

.@.?:l*w_.'_al/,.%f. (Slu.!j wellan 1 oda W)
Problevy, 9.13 (Sid.. 26)
[ ” R :
(gl f_icbu-f dlg—-(gmemsjmneﬂ)-
~ | BB+ E5 By -
-5 (@iv 2y (e —%g%n doxdy =
SS )z)c'lxc(l\d O«
= (B2 (8r- o@g 220 = §0ug= €, Lanstomt.
_.&Q&);—_Q) fér aﬂa ey, dvs f0o6)=0

12,



